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Abstract

In this thesis, using forcing with elementary substructures, we first address a question
posed by Gitik, regarding the preservation of cardinals and the Generalized Continuum Hy-
pothesis (GCH), in the specific case of k = Ny. We introduce a forcing notion that preserves
cardinals and the GCH, while adding highly generic subsets of wy. Then, we introduce a gen-
eralization of Abraham’s forcing for adding closed unbounded subsets of w;, which is proper
but not w-proper. Subsequently, by introducing a forcing notion that adds Abraham’s club in
wy and is < a-proper for any indecomposable ordinal «, but not a-proper, we provide a new

proof for a theorem of Shelah.

Keywords: Forcing with side conditions, elementary substructures, two types side condi-

tions.
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